HERIT T VT
AR AR B 0D L5 L WEGERHF 5L
F2H] T4, S6 R D FEIE N
it 7%

2017 F£3 H 24 H

B D ST
FRDEEMDFGFRANIRDEBE O TH 5.

Po(a) = Pa + Maxp(a)(P — 2) — mP

P=P—-1Tdo5.
P=2DEEIIFVRFHAREZDT P >2 D&% FITHRS,



2 P=3D&EEDTEH

P=30D& & 20(a) =3a+q—2m PARENTH Y 3%(q: FE) OLDOfE%
EHEWS.
a=3% M 20(a) =3a+q—2m DffL 35L&,

2(a) = (31 —1)(g—1) =3 lg— g — 3 +1=3a — g — 3 + 1.

3a —q—3"'+1=3a+q—2m.
¢=25" 4 m XD 0= 3% BIREDERMITRB.

3 PDEZTDIEMRTOME

Po(a) = Pa + Maxp(a)(P — 2) — mP

EHE O PQ,(Q: FE) Whdeds. ZoXz EOAERNINAATS.
Po(a) = Pt — 1, Pa = PH'Q 2 & - C,

Po(a) — Pa= P —Q — 1.
Q = Maxp(a) &7 9,
P —Q—1=Q(P~2) —mP.
DUERT B
P —1=Q(P—-1)—mP = (Q—m)P

Pe+1 _
Qmm=po

Q = o(P°) +m FFE LR DT, PQ ITFBD5ELE

= o(P°).



4 ZEBOEENEMR

P=357a<1001Z20WTm=0D¥EEHTALS.

#1: P=3,5,7,43;m=0

P=3
a factor
4 22
117 32 %13
796797 | 3% % 1093
P=5
a factor
775 52 % 31
P=7
a factor
9 32
P =43
a factor
49 72

m=0 D& ZFuHTEEHTH D HPEEE L.



£2 P=3-18<m<19

a ZRBE m

92 [22, 23] —18
8343 [34,103] —18
621 (33, 23] —17
84321 3%, 347] —17
76 [22,19] —16
50 2,52 —15
68 [22,17] —15
84807 (35, 349] —15
32 [2°] —14
561 3,11,17] —14
8667 [34,107] —14
108185 [5,7,11,281] —14
52 [22,13] —13
16625 [53,7,19] —13
44 [22,11] —12
8829 [3%,109] —12
783 (33,29 —11
85779 (35, 353] —11
18 2,32 —10
28 [22,7] —10
627 [3,11,19]  —10

20631  [3,13,232 —10
24723 [32,41,67] —10
108955 [5,7,11,283] —10



#£3 P=3-18<m<19

a R m

20 [22, 5] -9
75 3,5 —9
837 33, 31] -9
12 22, 3] —8
45 [32,5] -8
9153 34,113] -8

49851 [32,29,191] -8
277167 [3,11,37,227] -8

16 24] —6
63 32,7] —6
792423 [35,1087]  —6
663 3,13,17] -5
38223 [32,31,137] -5
87237 [3°,359] -5
862299 [3%,109,293] -5
147 3,7 —4
3185 [5,72,13]  —4

50373 [32,29,193] —4



£4: P=3-18<m<19

a R m

999 33,371 -3
8 23] —2
99 32,11] -2
759 [3,11,23] -2
795339 [3%,1091]  —2
6 2, 3] ~1

27755  [5,7,13,61] —1
218225 [52,7,29,43] —1

4 22]

10 12,5]
14 2, 7]
117 32,13

2 2]

15 3, 5]
741 [3,13,19)]
1107 (33, 41]
14883 [3,112,41]

0
0
0
0
796797  [3%,1093] 0
1
1
1
1
1
38781 [32,31,139] 1



#£5 P=3-18<m<19

a R N8 R

m

3 3] 2

9 [3?] 2
22 2, 11] 2
27 3% 2
81 34] 2
243 [3°] 2
729 3] 2
2187 37] 2
6561 [38] 2
19683 3 2
59049 [319] 2
99807 [3,17,19,103] 2
177147 311 2
531441 [312] 2
603681 [3,13,23,673] 2
21 3,7] 3
26 [2,13] 3
1161 (33, 43] 3
89181 3°,367] 3



#£6: P=3-18<m<19

a R N8 R

m

5 [5] 4
153 32,17 4
27639  [32,37,83] 4
51417 [32,29,197] 4
799713 [36,1097] 4
965007 [3°,103,347] 4
34 [2,17] 5

7 7] 6
38 [2,19] 6
171 32,19] 6
10287 [3%,127] 6
33 3, 11] 7
385 5,7,11] 7
1269 (33, 47] 7
2075 [5%,7,17] 7
53751 [3,19,23,41] 7



KT P=3-18<m<19

a ENpi ey

35 [5,7]
46 2,23
51939 [32,29,199]

279609 [3,11, 37, 229]

m
8
8
8
279055  [5,7%,17,67] 8
8
9
9
9

25 [57]
39 3,13
90639 3%, 373
11 [11] 10
207 32, 23] 10
957 3,11,29] 10
10611 34,131] 10

112805 [5,7,11,293] 10
607269 [3,13,23,677] 10
804087  [36,1103] 10



#£8& P=3-18<m<19

a RNB R m

58 [2,29] 11
13 [13] 12
62 2, 31] 12
51 [3,17] 13
897  [3,13,23] 13
1431 33,53] 13

820719 [3%,113,269] 13
1023 (3,11, 31] 14

57 3, 19] 15
74 [2,37] 15
92097 [35,379] 15
17 17] 16
55 5, 11] 16
261 32,209 16

11097 [3%,137] 16
808461  [3%,1109] 16

10



#£9 P=3-18<m<19

a RNB R m

82 [2, 41] 17
455 5,7,13] 17
19 [19] 18
86 (2, 43] 18
175 [52,7] 18
279 32,31] 18
363 3,112 18
11259 34,139] 18
69 3,23] 19
1593 33, 59] 19
93069 3°,383] 19

156651 [3,11,47,101] 19
706509  [33,137,191] 19

11



4.1 P=3m=0
m=0DEEFHELITARKD. 20(a) =3a+q BPAERNTH 5.

£10: P=3,m=0

e a factor
4 22

2 117 32 %13

6 796797 35 % 1093

1212741 32 % 47? % 61

FZRRE DR 22,
EHREOME a =117 = 32 % 13, a = 796797 = 3% % 1093.
XOIZEBIEOM a = 1212741 = 32 %472 %61 3D 5. T DORIT K5 % i

IELHDOTY av & L&
REFRIE a = p?r2q L UTHWTA LS.
o(a) = PyRq,a = p*r’q

. 2R
4= C32m 0 9pR

* 11:
r R Bunshi Bunbo q q—1r—2
27 757 19682 2 9841 9812
29 871 22646 62 365.2580645  334.2580645
31 993 25818 130 198.6 165.6
33 1123 29198 206 141.7378641 106.7378641
35 1261 32786 290  113.0551724 76.05517241
37 1407 36582 382 95.76439791 56.76439791
39 1561 40586 482 84.2033195  43.2033195
41 1723 44798 590  75.92881356 32.92881356
43 1893 49218 706 69.71388102 24.71388102
45 2071 53846 830 64.8746988  17.8746988
47 2257 58682 962 61 12
49 2451 63726 1102  57.82758621 6.827586207
51 2653 68978 1250 55.1824 2.1824

BEAMZ B RPN, IERBIZER > TROTA LS.

12



#£12: P=3m=0 IEHE

factor

e a
2 117
6 796797

32 %13
36 % 1093

12 423644039001 3'% % 797161

70 A

B

A = 9398681223266955568884336291512894246732289173595197254503404033277
B = 3™ % 3754733257489862401973357979128773

Z DFHEFER D S

e=0 mod4d = qDOREIHOE 1,.a DEXE 1HDOH 1.
e=2 mod4d=qDRRE 1HDH 3,a DRKE 1 HTDE 7.

I RITAE S 5.

R=2xq & BLLE, @2=3" —1+2m.
m=0e=4K+j,j=0123 &LTHETS.

e =0mod 4 DIGE

1 7-
e=0
e=4
e=8
e=12
e=16
e=20

q139p_m(3,0,0,0=<5)..
q2= 2=[2]

q2= 242=[2,11°2]

q2= 19682=[2,13,757]
q2= 1594322=[2,797161]

q2= 129140162=[2,1871,34511]
q2= 10460353202=[2,13,1093,368089]

q=q2/2: Rz 5 5.
Wl e = 12,q = 797161

e=1mod4d DGE

2 7-
e=1
e=b
e=9
e=13
e=17
e=21

q139p_m(3,0,1,0=<5) .

q2= 8=[2"3]

q2= 728=[2"3,7,13]

q2= 59048=[2"3,11"2,61]

q2= 4782968=[2"3,547,1093]

q2= 387420488=[2"3,7,13,19,37,757]
2= 31381059608=[2"3,23,67,661,3851]

13



q2/2: 4 DFFEL FRUT IR 570,
3% =81 =1 mod 8.
2 =3*%+2_1=9—-1=0modS8.

e =2mod 4 DIGE

3 7- q139p_m(3,0,2,0=<5) .
e=2 q2= 26=[2,13]
e=6 q2= 2186=[2,1093]

e=10

q2= 177146=[2,23,3851]

e=14 q2= 14348906=[2,11"2,13,4561]

e=18
e=22

q2/2:

q2= 1162261466=[2,1597,363889]
q2= 94143178826=[2,47,1001523179]

ERUTID S 5.

e=2,q=13, e=06,q = 1093.

e =3 mod 4 DIGE

4 7- q139p_m(3,0,3,0=<5) .
e=3 q2= 80=[2"4,5]
e=7 q2= 6560=[2"5,5,41]

e=11
e=15
e=19
e=23

q2= 531440=[2"4,5,7,13,73]

q2= 43046720=[2"6,5,17,41,193]

q2= 3486784400=[2"4,5"2,11"2,61,1181]
q2= 282429536480=[2"5,5,7,13,41,73,6481]

q2/2: 8 DFFEL. FHUZ R 572\,
3* =61 =1 mod 16.
q2 =3+ _1=3%—-1=80=0mod 16.

14



42 P=3m=1

m=172DT 20(a) =3a+q—2 PHERNIZRS.

#13: P=3m=1

a factor
2 2
15 3%5H

741 3%13 %19
1107 33 x 41
14883 3% 112 %41
38781 3%%31%139

#£14: P=3m=11EHE

e a factor
15 3%5H
3 1107 33 %41
15 308836705316427 3% % 21523361

31 572280636715419056279672990187 33! % 926510094425921

e=3mod4 TH->T (a=151FR<) ¢ DRE 1HOBUIZ 1.

a DR 1HIOE 7.

m=18DTR=2xq B ELE, 2=3"—14+2m =3 41.
e=4K+4,7=0,1,2,3. L UCEHHET 5.

1) e=0mod 4

9 7- q139p_m(3,1,0,0=<5) .

e=0 q2= 4=[2"2]

e=4 q2= 244=[2"2,61]

e=8 q2= 19684=[2"2,7,19,37]

e=12 q2= 1594324=[2"2,398581]

e=16 q2= 129140164=[2"2,103,307,1021]

e=20 2= 10460353204=[2"2,7"2,43,547,2269]

15



3* =81 = 1 mod 4.
q2=3°4+1=3*+1 11 =815 +1=4mod 4.
g=0mod 2 12KV ¢ 1B BE7\W.

2) e=1mod 4

10 ?- q139p_m(3,1,1,0=<5).

e=1 qg2= 10=[2,5]

e=5 q2= 730=[2,5,73]

e=9 2= 59050=[2,5"2,1181]

e=13 q2= 4782970=[2,5,29,16493]

e=17 q2= 387420490=[2,5,73,530713]
e=21 2= 31381059610=[2,5,5501,570461]

q2 = 3*(+2 1 =10 mod 5.
q/2: 5 OFEIR D TR TIEME. BER\.

3) e=2mod 4

11 7- q139p_m(3,1,2,0=<5).

e=2 q2= 28=[2"2,7]

e=6 q2= 2188=[2"2,547]

e=10 q2= 177148=[2"2,67,661]

e=14 q2= 14348908=[2"2,7,31,61,271]
e=18 q2= 1162261468=[2"2,2851,101917]
e=22 2= 94143178828=[2"2,23535794707]

q2 =3**3 4+ 1=27+1=28mod 8.
q = 14 mod 4.
q EBUZZ 0 F)E.

4) e =3 mod 4

12 7- q139p_m(3,1,3,0=<5) .

e=3 q2= 82=[2,41]

e=7 q2= 6562=[2,17,193]

e=11 q2= 531442=[2,41,6481]

e=15 2= 43046722=[2,21523361]

e=19 2= 3486784402=[2,41,42521761]

e=23 q2= 282429536482=[2,17,97,193,577,769]

16



Q)2 BB D S B,
e=3,g=41;e=15,q = 21523361.
@2 =3+ 1 1=81+1=82mod 5.
g =41 =1mod 5; ¢ =1 mod 10.

a=3%=a=3%"¢=27=2mod 5.
W Z1Z a = 7 mod 10.

4.3 REFMHEE 3rq

a=23r*q M20(a) =3a+q—2 ZiidLd5.
R=1+r+1%qg=q+1 Bt E,
20(a) =8R(q+1),3a+q—2=9%¢+q+272DT

8R(q+1) =9r%q+q+2.
IN%E gIZOVWTH &

_ 8R+2 &7 +8 410
1= 1+ —8R ™ r(r—8) —17

#* 15:

r  bunsi bunbo q qg—r—2
11 1066 26 41 28

13 1466 58 25.27586207  10.27586207
17 2458 146 16.83561644 -2.164383562

INE0RIEr=11,g=41;a = 3% 112 x 41.

4.4 ZR¥RE

ZITHEBRa=2055DT—T5.

20(a) =3a+q—2m \ZEB R p BHB LT 5.

2p+ 1) =3p+p—2miZ&Dp=m+1.

FoT—MIZm+1DFH p 2o, m ZITVITBELZZ2BDMIT a =
p=m+1DH5%.

17



4.5 2RVORDHE

QEBOEDIR a =15=3x5 BNHDDTIhzE —fkitd 5.
a=pq(p<q:FEE) £75.

20(a) =2(p+1)(¢g+1),3a+q—2m=3pg+q—2m IZ&XD A=p+q ZH
W5 &

20pg+ A +1)=3pg+q—2m IZX>T,

2(A+1) =pg+q—2m.

WH+q+2=pqg—2m ZEF LT qp=2p+2m +2=2p+2m + 4.
Gp=qg—2 2B LE,

m=1D&E, qp=06.q EFHRDT, qy=3,9=5p=2;p=3.
£oT,a=15.

m=2DLE qp=_8. q FABLRDT, qu=3,9q=5p=8p=9. FJF
m=3D&E, qp=10. ¢ FHHLEDT, ¢qo=5;¢q=7p=2;p=3.
£oT,a=21.

18



46 P=3m=2

m=2720D7T 20(a) =3a+q—4 PHEX

#16: P=3,m =2

a factor
3 3
9 32
27 33
81 3
243 3°
729 30
2187 37
6561 38
19683 3°
59049 310
99807 3% 17%19%103
177147 3
531441 312
603681 3% 13 %23 %673
1594323 313

a=3=m+1=2+1 VI EHEIH 5.

a=3°&BL.

20(a) =31 —1,3a+q—4=3""+3-412&D 20(a) =3a+q—4 72DT
X T RTHIZIR S,

I m=P—-1DLE a=P° ITTRTHRIIRS.

a=99807 =3x17%19% 103, a = 603681 = 3 * 13 x 23 %673 N2 DTT X 7/=.
ZHIEEVAR =WV L.

INoZRFMELEZATHRVTALD.

19



4.7 RFMER-E 3 17rq

a=3x17rq 7 20(a) =3a+q—4 DL T 5.

o(a) =0(3%17rq) = 4% 18rq
3a+q—4=3x5lrq+q—4=153rq+q—4

A=7¢B =q,A = q+1r B Z0(a) = 0(3%17rq) = 4 % 184,
2%4% 184 =144(B+ A +1) 72D T

144(B+ A+1) =153B + ¢ — 4.

BHELT
9B = 144r + 143q + 148.

144 =9 % 16 72D T, 9B — 144r = 9r(q — 16).
ro=r—16,qp=q—16 £ B &

Irqo = 143q + 148 = 143qo + 143 * 16 + 148.

qo(9r — 143) = 143 % 16 + 148 = 2436 = 2% * 3 % 29.
qo XA DT, 1,3,29,3%29 DENHh

i) go = 1;q¢ = 17. 9r — 143 = 2436;9r = 2436 + 143 = 2579; 2D T 9 T
E kg Ny

i) gy = 3%29 = 87;¢ = 87416 = 103. 9r—143 = 28;9r = 171 = 9%19,7 = 19 :
FRqg=87+16=103. a =3 % 17* 19 % 103. Z FLILfi#.

iii) go = 3;¢ =3+ 16 = 19. 9r — 143 = 4% 29 = 116;9r = 259, £7:41% 9 TH|
NNV O ARHA] g =87+ 16 =103. a = 3 * 17 % 19 * 103.

iv) qo = 29;q = 29 + 16 = 45. FERKI2 D TAHRH].

20



4.8 RFFEBDEE 3prq

DEEX, KD TETIEMITZ S bR\, 2 ZEHE$ 5.
a=3prq ¥ 20(a) =3a+q—4 DL T 5.
A=7r¢ B=qgqr,A=q+r B LZ
ola)=4(p+Drp=4(p+1)A,3a+q—4=9pB+q—4.
20(a) =3a+q—412&>T,

8(p+1)A=9pB+q—4.
IN&D

p(8BA—9B) + 84 =q— 4.
A=B+A+112&D0

pBA+1)—B)=q—4—8(B+A+1).

qr(p—4) —q8p+7) —8r(p+1) =12+ 8p.

DT=8r(p+1)+8p+12, # =r(p—8) —8p — 7. p < 8 RH RN

NITHB S0,
p>51r>p+2,q>r+2 2B VHEURRS T 7RIV TROEZITD.

i).p=11. ZDOHE XMW 2 HIWr A B,
r>63 Tl qg>r+2 BRI\,
DREMIEIZ 7 5120% r > 37.

r 837,61 OIDGE ¢ IFBEITR SR,

21
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£ 17 p=11

ii).p = 13 DA,

r ot Ik q qg—1r—2
31 3076 — 2 — 1538 — 1571
37 3652 16 228.25 189.25

41 4036 28  144.1428571 101.1428571
43 4228 34 124.3529412 79.35294118
47 4612 46  100.2608696 51.26086957
53 5188 64 81.0625 26.0625
59 5764 82  70.29268293 9.292682927
61 5956 88  67.68181818 4.681818182
63 6148 94  65.40425532 0.404255319

#18: p=13
r Tt Ik q qg—1r—2
17 2020 — 26 — 77.69230769 — 96.69230769
19 2244 — 16 — 140.25 — 161.25
23 2692 4 673 648
29 3364 34 98.94117647 67.94117647
31 3588 44 81.54545455 48.54545455
37 4260 74 57.56756757 18.56756757
41 4708 94 50.08510638 7.085106383
43 4932 104 47.42307692 2.423076923
45 5156 114 45.22807018  — 1.771929825

DEREDIEIZ 72 5121, 23 < r < 43.
q PEBIZKRBITIEr=23,¢q=673. 2D E p=13.

22



iii).p = 17 DHH.

#£19: p=17
r % Ok q qg—1r—2
19 2884 28 103 82
23 3460 64 54.0625 29.0625

29 4324 118  36.6440678  5.644067797
31 4612 136 33.91176471 0.911764706

SREDIEIZ 72 5124, 23 > r > 43,

q MEBUZZRZIZIZ 19>

g>r+2 D=HITIE, r> 31,

r 7319,31 OHDEE ¢ PWEEBIZR 5121 r=19,g=103. TOL & p=1T.

23



#* 20: p=23

ro aF Rk q q—r—2
25 4996 184 27.15217391  0.152173913
27 5380 214 25.14018692 — 3.859813084
29 5764 244  23.62295082 — 7.37704918

p>231T7B L, qg>r+2 WD IR,
ZDEIIZUTEEZT Ta = 3prq DIREFRIBEIXHFET 7=
a = tprq DREZREITH T RN 2 idhne 5.

5 P=5m=4

P=5m5YEREDHERd0(a) =5a+3¢—16 L7425, ZDOSHEANDM
CLUTHRYAVTEETDE a=4253417T =717+ 31 x 1153 D’H 5.

P=30D¢ EIRBIROBRIDEIL 372 >7-DTP =5 D& &L 5ITEND
mNE B o728 FERRIX TR DT

ZZTa=Txprq LB ELE,

o(a) =8« (p+ 1)rq,a = Tprq
A=7r¢,B=qgqr,A=q+r £BLLZ

32(p+ 1)A = 35prq + 3¢ — 16 = 35pB + 3¢ — 16.
p(32A — 35B) + 32A = 3¢ — 16
W A=B+A+1RALTEHETS L,

B(32 —3p) + 32A(p+1) +32(p + 1) = 3¢ — 16.
q D1 XX e UTBET NI

q((32 = 3p)r +32(p+1) —3) +32(r + 1)(p + 1) = —16.
W Z Iz

24



2+ 1)(r+1)+16
-~ (3p—32)r —32p—29°

INETZRIVIZANS.

BT =32(0p+1)(r+1)+16, 3= (3p— 32)r — 32p — 29, ANTZDED q.

rq lZFEHTg>r+2>p+2.

p < 15 TIEEN 2L, p =17 T r = 31,q = 1153,a = 4253417 BFH
na.

p > 23 TIREN .

#£21: P=5,m=40Dk &

r  bunshi bunbo q qg—r—2
29 17296  —22  —T786.1818182 —817.1818182
31 18448 16 1153 1120

37 21904 130 168.4923077 129.4923077
41 24208 206 117.5145631 74.51456311
43 25360 244 103.9344262 58.93442623
47 27664 320 86.45 37.45

53 31120 434 71.70506912 16.70506912
59 34576 548 63.09489051 2.094890511

25



6 FHRNZDHE

ZMD TR D RN (P —1)o(a) = Pa+ Maxp(a)(P —2) —m(P—1) IZ P
DREDfFE P BB L L LD,

(P—1)o(a) = P*™'—1, Pa+Maxp(a)(P—2)—m(P—1) = P+ P(P—2)—m(P—1)

IZ&D

Pt —1=pP* 4+ P(P—2)—m(P-1).

BHTLE - 1=P(P-2)m(P-1) &720 (P-12=P(P-2)+1=m(P-1)
2720, m=P—1.

IDLE e DIEIZE ST P IIARIFTH S,

WiZm=P—10D&& P UHNDRIDH SN, 2D THALS.

P¢(prime power &5 ) LA DEZ EFR AN E (semi prime power) LIFRZ &
IZU 72\,

FREARZDSHENZ

(P —1)o(a) = Pa + Maxp(a)(P —2) — (P — 1)?
AN
P=2750(a)=2a—1 &725. ZDOFHEADMHZB5E2E (almost perfect

numbers) W 5. UM UEFIIE IR DD > Thiaw,
W Z EOFE S . S 2O FERBEITRERTH 5.

P=37%5620(a)=3a+q—4 &75. ZOHEADME LT
a=3%17%19%103, a = 603681 = 3 x 13 %23 x 673 n’H 5.

P=57%5
4o(a) =5a+q—16 725, ZOHBEADREE LT
P=117.5o

100(a) =1la+q—100 &£7%. ZOHEADMEEL U TROFERENE SNz
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%22 P=11,m=10

a factor
11 11
121 112
1331 113
8303 192 % 23
14641 114
161051 11°
1148477 11 %131 %797
1771561 116

P=11,m =10 DE VAR —ffa = 8303 = 192 23 IZ D\ T REF [ r2q
BEZD.

6.1 KREFEE rq

a=1%q(r<q) DEE R=1+r+r* B LZE
o(a) = R(qg+1),11a+ 9¢ — 100 = 11r2¢ + 9¢ — 100 12 & > T

10(R(q + 1)) = 11a + 9¢ — 100 = 11r%q + 9¢ — 100.

ZNizkoT
q(10R — 117* — 9) = —100 — 10R.
UL T
q(1+10r — r*) = —100 — 10R.
Wz

q(r* —1—10r) = 100 + 10R = 10(10 + R).

_10(10+R)  10(11+r(r +1))
S r2—1-10r r(r—10)—1
r>TIZDOWTHEL, gq—1r—2%2KDB L. r=19,¢q=23 DAKHLNS.
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#23: P=11,m=10,r>7

r of Of q qg—1r—2

7 670 —22 —30.45454545 —39.45454545
9 1010 -10 —101 —112

11 1430 10 143 130

13 1930 38 50.78947368  35.78947368
17 3170 118  26.86440678 7.86440678
19 3910 170 23 2

23 5630 298  18.89261745  —6.10738255

6.2 REFRIRE prg
a=prq,(p<r<q): FBB)A=T7¢,B=rq,A=r+q D& E,

-2

Po(a) — Pa=(P—2)q—P
Za=prq, A=7¢,B=rq,A=r+q D& &,

= —2

P(p+1)A— PpB=(P—2)q—P".

P(B+A+1)A—PpB=(P—2)q— D"

B (P-Dp+1)(r+1)+P
T P o—(P-Dp+)r—(P—1)(p+1)
Z Z ol

7T —ROBTEE
a=P¢R5
Po(a) =aP — 1
7= 9.
ZORIFPEEREDOHEANCHARZ LGHETH S,
DT ENETRWEEG, —BEOMTE2ETL VWD,
HI2 5 2B BDE rq DI 5 —OMSE B EZRE L TAKD.
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7.1 REBODRE

B2 5 2FBDME rq DIBITINT 6 —OMSE 2B EZRE L TA LS.
a=rq EBVT—HBOMTELBDHENITRATS.

Prqg— Prqg=—1.
Zi7-9. D> 2352 H0HWS &
(P—1)A— PB=—1.
A=B+A+1 12L&
(P-1)(B+A+1)—PB=-1
INzBEy 5

B—-PA=P.
—7.3,7“0:7”—?,%:9_? 7&4%5&

Toqgo = B —?A —f-FZ

Ih&o,
rogo = P+ P> =P?> — P +1.

D=P'—P+1 BT, WMo = D 1=k >THESNE, 1, q9 12 P
EIMZT= r g BEBS a=rq P25,
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NN AV TREHRTETHEIWITH 5.

7.2 —ROBTZEHDH

* 24: — RO E2EDHI

a factor
prime=>5
7 a="Tx11
prime=11
611 a =13 %47
prime=17

2033 a=19 %107
1073 a=29*37

prime=31

6031 a = 37% 163
prime=37

5293 a=067%T79
prime=41

25241 a = 43 % b87
prime=47

9983 a = 67 % 149
prime="73

65017 a =79 %823
prime=89

50249 a =109 x 461
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73 P=3m=3

m=372DT 20(a) =3a+q—6 BHEX

%25 P=3,m=3

a factor
21 3x7
1161 33 %43

89181 3% % 367

pq TEDFRIZINZ T, IERTE D fi#
a=1161 = 3% x 43 ,a = 89181 = 3% x 367

3 26: P=3,m=3; IEMFE

a factor
21 3x7
1161 33 % 43

89181 3% % 367
581179941 39 % 29527
A B
C D

A =299501716652405201735529971620260138517926107518220545401

B = 3% % 21195579137608101757147216603

C' = 159167491799470872815531783629094754615308050339358 788840978581
D = 3% % 15451577191316306180960320901767

a DRE 1 KD 1.
q DR 1Hr D 3,7.

74 P=3m=4

5=m+170DT 5 NEKR.
EHE O a =153 = 32 % 17, a = 5141732 x 29 % 197.
5 2 IERE D fif
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£2T. P=3m=4

a factor
5 5
153 32 %17

27639 32 %37 %83
51417 3% %29 % 197
799713 36 % 1097
965007 33 % 103 * 347

a = 27639 = 32%37%83, a = 51417 = 3%%29%197, a = 965007 = 3%+ 103 % 347.
INONRLDHE 2 TR L F > TR E DD,
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8 P=3D&ZDHE2IERF
P=37DT 20(a) =3a+q—2m BABRXTHH Zhiz
B2EMEOM a=3rq3<r<q: R "bdLT5.
N=3"_1A=7¢B=r¢A=r+q Bl LZ
20(a) = Nrq=NA3a+q—2m=(N+1)B+q—2m
DT

NA=(N+1)B+q—2m.
NA=NB+A+1)=(N+1)B+q¢—2miZ&D

B—NA=N +2m—q.

ZNDEARLGRRNIIRS.
Go=qg—N,ro=r—N 2B Z

qoro =qr — NA + N? =B — NA + N2

&y
qoro =B — NA+ N?*=N+2m —q+ N?

N—q=—q 72DT

qo(ro +1) = 2m + N2
D =2m+ N2 B & rmi=rg+1 2ffid L

QOﬁ) = D;.

8.1 m=4 DEEDEE

e—2m=—4rBHLLE N=3—1=26D; —262+8— 634 — 22 %32 % 19.
Qo : WL ro B AR DT

1) go=9%19:7r9=14
7o =3,7=29:q0=9%19,¢q =197 a = 3% x 31 * 197

i) go = 57 :, 75 = 12
ro =11, =37;q0 = 57,¢ = 83 a = 3% x 37 % 83
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i) go = 195, 7% = 36
ro = 35,7 = 61;qy = 19, ¢ = 45:FEFEEL.
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F28: P=3,m=4,% _1EHF

a factor

e
2 51417 3% % 29 % 197
2 27639 32 % 37 % 83

3 965007 33 % 103 * 347
5 4162847823 3% % 751 % 22811

11 277979312695831119 3! % 695047 * 2257691
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9 W2IERE, —KROBE
Po(a) = Pa+ (P —2)g—mP »AREATH D Zhiz

E2EMEDM a = Porq(P <r <q: ) MWdHdLd5.
N=PHt 1 A=7¢B=rqA=r+q2BLLZE

Po(a) = Nrg= NA,Pa+ (P —2)g—mP = (N+1)B+ (P —2)g—mP

RDT

NA=(N+1)B+(P—2)qg—mP.

NA=NB+A+1)=(N+1)B+ (P —2)q—mP.
B—NA=N —(P—2)q+mP.

ZNDEARLGRRNIIRS.
Go=qg—N,ro=r—N 2B Z

qoro =qr — NA+ N?* =B — NA + N2
ik

qoro=N*+N—(P—2)g+mP =N>+N — (P —2)(qg + N)+mP

qo(ro+ P —2)) = N*+ N(3— P)+mP.
Dp=N2+N@B—-P)+mP &BLE&&E rgp=rg+P -2 %5

qoro,p = Dp.

INDREARGERIZ LS.

91 P=3m=6
T=m+112&D 7 WEHRE.

9.2 P=3m=7
2R BMDOM pg R 5.

m=TDEE, qp=4+2x7 = 18. qo IFTHLD T, ¢o =959 = 11.p = 2;p = 3.

a=3x*11.
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#£29: P=3m=6

a factor
7 7
171 32%19

10287 3% %127

#£30: P=3,m=7

a factor

33 3x11
385 5% 711
1269 33 %47

2975 52 % T*17
53751 3% 19%23 %41

9.3 P=3m=3

*#31: P=3,m=38

a factor
35 5*7
51939 32 %29 % 199
279055 5% T2 % 17 % 67
279609 3% 11 * 37 %229
1336047 3% 17% %23 % 67

2F DM pg WRE T 5.

m=8D&E qp=4+2x8 =20.q ($FLDT, qo=5,q=7p=4;p=>5.
a=>5x%T.
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%32 P=3m=38

e a factor

51939 32 %29 % 199
4 10214836272423 3% % 36821 * 42283
11 435027039990994161 31 % 612671 * 4008253

12 21539587380792522005259 312 % 1594421 * 25420220719

94 P=3m=9

%£33 P=3m=09

a factor
25 52
39 3%13

90639 35 % 373
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2FEBMDME pg R LT 5.
m=9DLE, qp=4+2%9 =22 q FFEEDT, ¢ = 11;q = 13p =

2;p = 3.

a=>5xT7.

20(a) =3a+q—2m IZEBDOREMR a=p° DHdLT5H.
e+1
a(a)za(pe):p —— IZ&>T20(a) =3a+q—2m ZHNT

p

207 = 1) = Bp°+p—2m)(p—1).

—2=p(p—3)+plp—1)+2m(1—p).
p=p—1LIZERELT

0=p(p—3)+2+plp—1)+2m(l —p) =p“(P—2) + 2+ pp — 2mp.

T

pPP—2)+2+pp—-2mp=p(p°+p—-2m+2(1+p+---+pe—1))

Ny )]

2m =p° +p—21+p+--+p).

e=20D&E 2m=pp—1)—2
p=30DE2m=pp—1)—-2=4 m=2 D& E a=3
p=5DLE2m=plp—1)—2=18. m=9 D& E a =5 DR

e=3D&E 2m=p*(p—2)—p—2.

p=2DcE 2m=—-4 m=-20D& & q=2%

p=3DLE 2m=9-5=4 m=2D&Z q=23%

—fRIZ, p=3,m=2,95& 4=3+3-2(1+3+ - -+3°") =3°43—(3°—1)

MDD, a=3° DBRIZES.
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9.5 P=3m=10

96 P=3m=12

%34 P=3,m=10

a factor

11 11

957 3x11%29
10611 3% % 131
112805 5 7% 11 %293

607269 3 x13 %23 %677
804087 3% %1103
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# 35: P=3,m=12

a factor
13 13
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9.7 P=3m=17

%£36: P=3,m=17

a factor

455 H*T7%x13
1645719 3% 17 %232 %61

42



9.8 P=3m=23

%37 P=3,m=23

a factor
969 3% 1719
54723 3% 17 %29 %37
1017171 3% % 101 % 373

18 ?- univ_nee_P(1,11,3,31).

1131 $a=3%13%29$

41571  $a=3"2%31%149$

25929  $a=3"2%43*67$

1149741 $a=3"3%97*439$

15864881211 $a=3"5%733%x89069%

429869722329 $a=3"6%2203%267667$
22593617793 $a=3"6%2699%11483%
34482794366781 $a=3"7*6577*2397319%$
2784051315634401 $a=3"8%19699%21540859%
4977184799892794481 $a=3"{10}*177211%475642379$

9.9 P=3m=-1

#£38 P=3m=-1

a factor
27755 b5 xT7T*x13 %61
218225 52 % 7 %29 % 43
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910 P=3m=—2

#39: P=3,m=-2

a factor
8 23
99 32 %11

759 3% 11 %23
795339 36 %1091

% 40: P=3,m = -2, BB IEHIE DfiE

e a factor

4 19184931 3% % 433 % 547

5 8061750261 3% * 739 x 44893

5 721889577 3% % 947 % 3137

5 629690031 3% % 1019 * 2543

7 998897581791 37 % 7331 % 62303

12 156372861294706304709 312 % 1608337 * 182948677

13 43612339225270702734885159 33 % 4782971 * 5719200505223
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#£41: P=3,m=—3

a factor

999 33 %37
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9.12 P=3m=—4

#42: P=3,m=—4

a factor
147 3% 72
3185 5% 72 %13
50373 32 %29 % 193

283176230906781 3% x 100511 * 143137

9.13 P=3m=-5

%£43. P=3,m=—5

a factor
663 3x 13 %17
38223 32 %31 %137

87237 3% % 359
862299 3% % 109 * 293

15862743783 35 % 733 * 89057
760262656887 37 * 7669 * 45329

10 P=7

46



11 P=5
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F44: P=7

a factor

7163 [13,19,29] —19
34969 [112,177] —19
71449 [7,59,173] —18

28 22,7  —17
1573 [112,13] —16
1859  [11,13%] —16

2009  [7%,41] -16
18 2,32  —15
12529 [11,17,67] —15
20 [22,5] —14
2107 [72,43] -—14
93121 [7,53,251] —13
12 22,3 —11
16 [24] ~10
2303 [7%,47] -10
12043 [7,43%] -8
69601 [7,61,163] —7
27 [3%] —6
125 [53] —6
8177 [13,17,37] -5
8 [23] —4
2597 [7%,53]  —4

13277 [11,17,71] -3
95347 [7,53,257] —3

6 [2, 3] —2
10 2, 5] —2
15 3, 5] —2

73927 [7,59,179] —2
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45 P=7

a factor
14 [2,7] —1
21 (3, 7] -1
22 (2, 11] -1
35 [5,7] —1
7657 [13,19,31] -1
4 22] 0
9 32] 0
26 (2, 13] 0
33 (3, 11] 0
34 [2,17] 0
38 (2, 19] 0
39 (3, 13] 0
46 (2, 23] 0
2 2] 1
51 (3, 17] 1
55 5, 11] 1
58 (2, 29] 1
58681 [7,83,101] 1
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*46: P=7

a factor

3 3] 2
25 [52] 2
o7 3, 19] 2
62 2,31] 2
65 5, 13] 2
2891 (72, 59] 2
59171 [7,79,107] 2
74753 [7,59,181] 2
69 3, 23] 3
74 2,37] 3
7 [7,11] 3
82 2,41] 3
13651 [11,17,73] 3
5 5] 4
86 2,43] 4
94 2,47] 4
2989 (72, 61] 4
64253 [7,67,137] 4
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F AT P=7

a factor

85 5,17] 5
87 3, 29] 5
91 [7,13] 5
106 2, 53] 5
71309 [7,61,167] 5
7 [7] 6
49 [72] 6
93 3, 31] 6
95 5, 19] 6
118 2,59 6
343 (73] 6
2401 [74] 6
16807 [7°] 6
97573 [7,53,263] 6
122 2,61] 7
11077 [11,19,53] 7
111 3, 37] 8
134 2,67 8
142 2, 71] 8
9361 [11,23,37] 8
115 5, 23] 9
119 [7,17] 9
123 3,41] 9
143 [11,13] 9
146 2,73] 9

o1



48 P=17

a factor
11 [11] 10
129 (3, 43] 10
158 [2,79] 10
166 (2, 83] 10
3283 (72, 67] 10
133 [7,19] 11
141 3,471 11
178 2,80] 11
13 [13] 12
65191 [7,67,139] 12
145 [5,29] 13
159 (3, 53] 13
194 [2,97] 13
202 [2,101] 13
155  [5,31] 14
206 [2,103] 14
214 [2,107] 14
3479 (72, 71] 14
59843 [7,83,103] 14
60277 [7,79,109] 14
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*49: P=17

a factor
161 [7,23] 15
177 (3, 59 15
218 [2,109] 15
226 [2,113] 15
17 [17] 16
183 [3,61] 16
187 (11, 17] 16
3577 (72, 73] 16
63119 [7,71,127] 16
99799 [7,53,269] 16
121 [117] 17
19 [19] 18
185 5, 37] 18
201 [3,67] 18
254 [2,127] 18
262 [2,131] 18
209 (11, 19] 19
213 (3, 71] 19
274 [2,137] 19
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#F50: P=5

a factor
3367  [7,13,37] —19
17125 [5%,137]  —19
45 (32, 5] —18
325 [52,13] —18
28865 [5,23,251] —18
81 [34] —17
2737 [7,17,23] —17
6083  [7,11,79] —17
9635  [5,41,47] —17
17375 [5%,139]  —17
4459 [73,13] —16
9805 [5,37,53] —16
28 [22,7] —15
1805 [5,197] —15
20555 [5,23,257] —15

o4



#51: P=5

a factor
18 [2,37] —14
425 52,17  —14
11005 5,31, 71] —14
12035 5,29, 83] —14
20 22, 5] —13
6391 [7,11,83] —13
258013 [7,29,31,41] —13
AT5 [52,19]  —12
30245 [5,23,263] —12
480625 [5%,769] —12
31603 [11, 132, 177 —11
12 22, 3] ~10
16 [24] -9
3731 [7,13,41] -9
11315 5,31, 73] -9
30935 5,23, 269] -9
575 [52, 23] -8
31165 [5,23,271] -8
483125 [5%,773] -8
6853 [7,11,89] -7
18625 [53,149] -7
10105 [5,43,47] -5
18875 [53,151] -5

31855  [5,23,277] -5
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*52: P=5

a factor
27 33] —4
3913 [7,13,43] —4
8 23] -3
32315 [5,23,281] -3
6 2, 3] -2
539 [72,11] -2
725 [52,29] -2

12905 [5,29,89] —2
32545 [5,23,283] —2

10 2,5] -1
14 2,7 -1
15 3,5 -1
4 [22] 0
9 32] 0
21 3,7] 0
22 2,11 0
26 2,13] 0
775 [p%31] 0
2 2] 1
33 3,11 1
34 2,17 1
35 [5,7] 1
38 2,19 1
3059 [7,19,23] 1
7469 [7,11,97] 1
19625  [53,157] 1
3 3] 2
39 3,13] 2
46 2,23] 2
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#*53: P=5

a factor
33695 [5,23,293] 2
847 7,117 3
5 [5] 4
25 [52] 4
51 3, 17] 4
58 2,29 4
62 2, 31] 4
125 [53] 4
625 [54] 4
3125 [5°] 4
15625 [59] 4
78125 [57] 4
390625 [5%] 4
55 5, 11] 5
57 3, 19] 5
2645 [5,23?] 5
4277 [7,13,47] 5
Trrr o [7,11,101] 5
12245  [5,31,79] 5
7 [7] 6
74 2,37 6
925 [52, 37] 6
491875  [5*,787] 6
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a factor
65 [5, 13] 7
69 (3, 23] 7
82 2,41 7
86 [2,43] 7
7931 [7,11,103] 7
20375  [5%,163] 7
77 [7,11] 8
94 [2,47] 8
637 (72, 13] 8
10915 [5,37,59] 8
49 [72] 9
35305 [5,23,307] 9
11 [11] 10
87 (3, 29] 10
106 (2, 53] 10
1025 [52, 41] 10
85 [5,17] 11
91 [7,13] 11
93 (3, 31] 11
118 (2, 59] 11
8239 [7,11,107] 11
20875  [53,167] 11
35765 [5,23,311] 11
43757 [7%,19,47] 11
13 [13] 12
122 2,61 12
1075 52, 43] 12
35995 [5,23,313] 12
95 [5,19] 13
134 [2,67] 13
8393 [7,11,109] 13
10865 [5,41,53] 13

o8



#5655 P=5

a factor
111 [3,37) 14
142 2,71] 14
14065  [5,29,97] 14
36455  [5,23,317] 14
146 [2,73] 15
3451 [7,17,29] 15
12865  [5,31,83] 15
17 [17] 16
123 [3,41] 16
158 2,79] 16
1175 [52,47] 16
11285 [5,37,61] 16
498125  [5%,797] 16
115 [5,23] 17
119 [7,17) 17
129 [3,43] 17
166 [2,83] 17
8701  [7,11,113] 17
21625  [53,173] 17
19 [19] 18
141 3,47 19
178 [2,89] 19
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